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$n= \sum_{i=0}^{m}\frac{a_{1}}{q}(\frac{p}{q})^{i}$ $a:\in A$ (1)
10 $10^{i}$ $\frac{1}{q}(i=0,1, \ldots)$
$\mathbb{Z}(q)=\{z/q^{n}|z\in \mathbb{Z}, n=0,1, \ldots\}$ $\sum_{i=1^{-}q}^{ma_{\dot{\Delta}}}\in \mathbb{Z}(q)$
$P$ $a\mathrm{o}/q\equiv n$ (mod $p$) $a_{0}\equiv qn$ (mod $p$) $a_{0}$
10 (1) $a_{m}a_{m-1}\ldots a_{0}$




$qn_{i}=pn_{i+1}+a_{i}$ , $a_{i}\in A=\{0,1, \ldots,p-1\}$
$n_{i}$ $a_{i}$ $n_{i}$
$0$












$narrow n+1$ (adding machine)
3 $b_{n}b_{n-1}$ . . . $b_{0}$ 1
1. $i=0$
2. $b_{i}$ $0,1$ $b_{1}arrow b_{i}+1$
3. $b_{i}$ 2 $b_{i}=0,$ $iarrow i+1$ 2.
$b_{n}b_{n-1}\ldots b_{0}$ $0$








2: $b_{i}$ $0$ $b_{i}arrow b_{i}+2$
3: $b_{i}$ 1 $b_{i}=0,$ $iarrow$
.
$i+1$ 2:
4: $b_{i}$ 2 $b_{i}=1,$ $iarrow i+1$ 2:
2.1 – $P/q$
$B$ $n$














$\mathrm{a}_{\frac{z+a}{q}}$ if $L^{z}\pm qa\in \mathrm{N}$











$a_{1}\ldots a_{m}\in A^{*}(^{\vee}$. $a_{1}\ldots a_{n}$ prefix, $a_{k}\ldots a_{m}$
suffix Ree
Lemma 4.1. $L(p/q)$ prefix $L(p/q)$
$L(p/q)$ prefix closed 2.1 suffix
closed $L(p/q)$ 1
1 $n$ 11 $n\equiv 3$ (mod 4)
$a_{1}a_{2}\ldots a_{n}\in A^{*}$ $n$
$n$ (mod $2^{n}$ ) –
Lemma 4.2. $A^{*}$ $L(p/q)$ suffix
$L(p/q)$ $A^{*}$ – $p/q$
Lemma 4.3. $L(p/q)$ $x$ $A^{+}$








$F(p/q)=\{a_{-1}a_{-2}\cdots\in A^{\infty}|\forall n a_{-1}a_{-2}\ldots a_{-n}\in L(p/q)\}$
$A$ A\infty $F(p/q)$ compact o
$F(p/q)$ $a_{-1}a_{-2}\ldots$
$.a_{-1}a_{-2} \cdots=\sum_{i=1}^{\infty}\frac{a_{-i}}{q}(\frac{p}{q})^{-i}=\sum_{i=1}^{\infty}\frac{a_{-i}}{p}(\frac{q}{p})^{i-1}=\frac{a_{-1}}{p}+\frac{a_{-2}}{p}\frac{q}{p}+\frac{a_{-3}}{p}(\frac{q}{p})^{2}+\ldots$
$F(p/q)\ni a_{-1}a_{-2}\cdotsarrow.a_{-1}a_{-2}\pi\ldots\in \mathbb{R}$ $\pi(F(p/q))$
compact




$2arrow 3arrow 5arrow 8arrow 13arrow 20arrow 31arrow 470112121$ . . .


















$x$ $\langle x\rangle$ Koksma $(\mathrm{c}.\mathrm{f}. [6])$ -
Lebesgue $\alpha>1$ $\langle\alpha^{n}\rangle(n=1,2, \ldots)$
$[0,1)$ – $\alpha$
$(3/2)^{n},$ $e^{n},$ $\pi^{\mathrm{n}}$ –
$e^{n}\pi^{n}$ 2 $’\supset(!)$
Vijayaraghavan
[11] $\langle$ $(p/q)^{n})(n=1,2, \ldots)$ $[0,1)$





$\underline{Z_{p/q}(I.)=\{\xi\cdot>0|}$+ $n$ } $\langle\xi(\frac{p}{q})^{n}\rangle\in I\}$
2 – $1=.11\ldots$
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[9] $Z_{3/2}([4/65,61/65))\neq\emptyset$ $\mathrm{F}\mathrm{l}\mathrm{a}\mathrm{t}\mathrm{t}\mathrm{e}\succ \mathrm{L}\mathrm{a}\mathrm{g}\mathrm{a}\mathrm{r}\mathrm{i}\mathrm{a}s$ -Polhngton
[5] $Z_{\mathrm{p}/q}([s, s+1/p))=\emptyset$ $s$ $[0,1-1/p]$
Bugeaud [3] $Z_{p/q}([s, s+1/p))\neq\emptyset$ $s$ $0$
$Z_{p/q}([s, s+1/p))=\emptyset$ $s$ Dubickas
– $(\mathrm{c}.\mathrm{f}[4])$
p/q
$x$ $p/q$ : $x=.a_{-1}a_{-2}\ldots$ $p/q$
$m\in \mathrm{N}$
$( \frac{p}{q})^{m}x=a_{-1}a_{-2}\ldots a_{-m}.a_{-m-1}a_{-m-2}\ldots$










$k$ $\in\{0,1, \ldots , p-1\}$ $qk_{\text{ }}\equiv c$ (mod $p$) –






Corollary 6.1. $\epsilon>0$ $I$ $\mu(I)<\epsilon$
/q(I)
3/2




Theorem 6.2. $p>q^{2}$ $\xi$ $\langle\xi(\frac{3}{2})^{n}\rangle n=1,2,$ $\ldots$
Cantor p/q
$Z_{p/q}(I)=\emptyset$ $I$
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